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APPLYING FORMAL METHODS TO THlE ANALYSIS OF A
KEY MANAGEMENT PROTOCOL

1. INTRODUCTION

It is difficult to be certain whether or not a cryptographic protocol satisfies its requirements.
Protocols have been designed with subtle security flaws, independent of the strengths or weaknesses
of the cryptoalgorithm used, that were not discovered until some time after they had been published.
Examples include:

* the Needham-Schroeder key-distribution protocol [1] which was found to be vulnerable to
various kinds of replay attacks 12,3].

* an early version of the IBM key management system which could be used by a penetrator to
produce session keys in the clear [4], and

* the software protection scheme developed in Ref. 5, in which a penetrator could combine pre-
viously generated messages in such a way that the system could be induced to grant unauthor-
ized access to software [6].

Other similar examples are discussed in Ref. 7. As we design more systems that depend on
such protocols for more varied and complex security needs, it is likely that other flaws will arise. If
systematic means of assuring correctness are not used, these flaws may not be discovered until signifi-
cant damage has been done.

One approach to the problem of assuring correctness that has been suggested, for example by
Kemmerer in Ref. 8, is to use machine-aided formal verification techniques. The protocol and its
deQirahie Rernriv nrronenries are modeled in a formal snecification lanoamae: and a machine verifica-

tion system is used in an attempt to prove that these properties hold. If the attempt succeeds, one
gains greater assurance that the protocol satisfies its requirements. If it fails, the examination of the
reasons for the failure may point out security flaws in the protocol.

Similar techniques have been applied in the design of communication protocols and of secure
computing systems. In conclusion, it seems a likely conclusion that these techniques will be useful in
the analysis of key management protocols, which have some of the properties of both. Yet, so far
they have found little application. Part of the reason for this may be that existing machine verifica-
tion systems do not emphasize the theorem-proving techniques that would be most useful in the
analysis of such protocols. In this report we attempt to fill this gap by showing how a formal model
and a software tool implementing specialized theorem-proving' techniques, originally described by the
author of this report in Ref. 9, were successfully applied to the analysis of the selective broadcast pro-
tocol designed by G. J. Simmons [6]. The fact that the application of these techniques uncovered two
security flaws in this protocol shows that they promise to be useful.

Manuscript approved February 13, 1990.
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C. A. MEADOWS

In Section 2 of this report we describe our formal model, which is an adaptation of Dolev and
Yao's term-rewriting system model of public-key protocols. We also describe the proof techniques
we use and a Prolog program that assists us in applying them. In Section 3 we describe the selective
broadcast protocol and the results of our analysis. In Section 4 we give the formal specification of
the selective broadcast protocol. In Section 5 we describe the analysis of the specification. In
Section 6 we compare our approach with other work on the specification and verification of crypto-
graphic protocols. In Section 7 we discuss the implications of our results and the ways in which our
system could be improved.

2. DESCRIPTION OF THE MODEL AND PROOF TECHNIQUES USED

The model that we use is an adaptation of the public-key model developed by Dolev and Yao in
Ref. 10. We consider a protocol as a set of rules for passing messages among the participants. The
protocol participant who receives a message, will, if he accepts it as genuine, generate a new message
by performing certain operations on it or on other messages received earlier. Thus a cryptographic
protocol may be thought of, in part, as a set of rules for generating words in a formal language. In
symbolic terms we can think of these operations as being applied in two steps: first, operations are
applied to a word or set of words, then algebraic properties of the operations are used (such as the
fact that encryption cancels out decryption with the same key and vice versa) to produce the actual
words generated. Since in many cases the algebraic properties of the operations involved can be
interpreted as reduction rules (that is, a set of rules for transforming words into words that are
"simpler" according to some well-defined measure), the protocol may be thought of in part as a set
of rules for generating words in a term-rewriting language. A penetrator who tries to break the pro-
tocol by intercepting messages, supplying false messages to the participants, and performing opera-
tions on messages to find out a secret word, may be thought of as attempting to determine whether a
particUl l o+rd kaelOnt s to a n'in tnMrn-Mrrtling 1a--e.

In our model protocol rules are expressed as statements of the form

IF I C W AND A AND Cond(I,A) THEN W := W U 0 AND A'

where W denotes the set of words known by the penetrator, I denotes the words making up a message
sent to a participant in the protocol, 0 denotes the words making up a message sent by a participant
in the protocol, A and A' are clauses consisting of conjunctions of clauses of the form S = TV where
S is a state variable name, and Cond(IA) is a set of further conditions on I and A. Rules may be
either deterministic or nondeterministic; that is, a rule may either always apply or only apply under
circumstances that have not yet been specified. Rules of this form may be used to describe events as
various as:

(a) a participant in the protocol responding to a message from the penetrator,

(b) a change in the internal state values of a participant,

(e) a participant initiating an instance of a protocol, or

(d) the penetrator using the facilities available to him to generate a message.

For example, if the penetrator is able to encrypt data, we can represent this by a rule

IF tX,YI C W THEN W := W U Ic(X,Y)A

2



NRL REPORT 9265

where e(X,Y) denotes the result of encrypting message Y with key X, On the other hand, if a parti-
cipant in a protocol will encrypt all messages sent to it with the current session key and send them
out; this may be described by the rule

IF [YJ C W AND KEYSTATE(a) = X THEN W := W U [e(X,Y)).

As in Dolev and Yao, the security of the protocols we look at will depend on the inability of the
penetrator to use the rules of the protocol to generate words that can be reduced by using a set of
reduction rules to some word that the penetrator should not be able to learn. As we have argued in
Ref. 9, the security of many protocols can be expressed at least partially, if not always entirely, in
terms of such properties. Examples of such rules are:

a. d(X,e(X,Y)) - Y where e(A,B) denotes encryption of word B with key A, and d(A,B)
denotes decryption of word B with key A, and

b. p(s(X)) - X where s and p are the successor and predecessor operators, respectively.

Thus we make the following definition of a specification of a cryptographic protocol.

Definition 2.1 - A specification of a protocol is a tuple

[NtUF), E, S, R, W0 , AO]

where 1 is a countable set of variables, F is a finite set of function symbols, 21(4,F) is a set of terms
made up from X and F, E is a set of reduction rules defined on Ncb,F), S is a set of state variable
names, R is a set of protocol rules of the form

IF I C W AND A AND Cond(I,A) THEN W := W U O AND A',

where I and 0 consist of terms from T(QF,F) and A and A' are clauses made up of conjunctions of
clauses of the form T - D, where T is a state variable name and D E T(,F), W0 is set of words
from N(4,F) initially known to the penetrator, and AO is a set of initial predicates on the state vari-
ables.

Definitions of terms and related ideas are given below.

Definition 2.2 - Let 4' be a countable set of variables, and let S be a family of function sym-
bols disjoint from 4' with associated arity. A term is either a variable or a function symbol followed
by n terms, where n is the arity of the function symbol. A function symbol of arity zero is called a
constant. Let T(4tS) denote the set of all terms made up from X and 5, let V(T) denote the set of
variables in a term T, and let F(T) denote the set of function symbols in T.

We will fnlnow the conventinns nf Prnolo andl represent fiinotin cinIhoh 1A ln~rnnnn .. ,nA.-

and variables by capital letters or words beginning with capital letters.

Definition 2.3 - A term-rewriting system over T(WAS) is a set of directed equations E such that,
for T1 - Tl in E, V(T2) C V(TI). -E is the finest relation over R4',S) containing E and closed
by substitution and replacement. We let -E* (or simply, - *), denote the transitive-reflexive closure
of - E.

3



C. A. MEADOWS

We will be interested in term-rewriting systems that are noetherian and confluent. That is, if
term A is reachable from B in a sequence of term rewritings, then it is reachable in a finite number of
such rewritings and if A is reducible to B and to C by two different single rewritings, then B and C
are both reducible to a fourth term D. These systems have the property that every term A is reduci-
ble to a unique irreducible term nf(A). See Ref. It for a discussion.

We can apply the rules of a protocol to move from one state to another. Suppose that we are in
a state where a penetrator knows a set of terms L, and the statement (S1 = Bl,... Sk ==Bk) holds.
We assume that all terms of L and all B1 through Bk are irreducible, that is, that no further reduction
rules can be applied. Thus, for example, if we assume that a penetrator knows a word e(k,X), where
k is a constant and X is a variable, this means that the penetrator knows some word e(koX) where a
is a substitution assigning X to a term such that e(k,aX) remains irreducible. Hence the penetrator
might know e(k,m) or e(k,e(r,s)) but not e(k,d(k,m)) which reduces to m.* We then look for a rule
R =

IF I C W AND A AND Cond(IA) THENW := W U O AND A',

such that there is a substitution o- assigning terms to the variables of R, L, and B1 through Bk such
that aI C ciL, c(Sl = Bl,8 '.,Sk =Bk) implies aA, the statement Cond(aI,aA) is satisfied, and art
and aB1 through aBk remain irreducible. If this is the case, we know that the system state satisfies the
conditions of rule R, and then we can move to the new system state. This is done by replacing L
with aL U nf(aO), where nf(oO) (or the normal form of oO) is the set of words obtained by applying
all possible reductions to the words of a(O), anid replacing Si = a-Bi with Si B aWif the former
appears in r(Sl -B I...,Sk =-B k) and the latter appears in nf(A'), and adding T = C to o(Se =
BI ,..,Sk =Bk) if T = aoC appears in nf(orA') but not in a(SI = B B . S k).

For example, suppose the penetrator knows the word "message"P and KEYSTATE(a) = keyl.
If we let a be the substitution Y : = message, Z : = a, and X : = key 1, then we can apply the rule

IF JY} C W AND KEYSTATE(Z) = X THEN W := W U (e(XY)}.

so that the new state becomes one in which the penetrator knows fmessagee(keylmessage)l and
KEYSTATE(a) = keyl.

To prove that a protocol is secure, we want to show that certain states cannot be reached from
any initial state. To do this, we need to be able to determine, given a state description, what states
can immediately precede a state satisfying that description. We do this by matching up a state
description with the conclusion of a rule. But the techniques we apply are somewhat different than
the techniques we apply to find what states can immediately follow a state. Suppose that, as before,
we are in a state where a penetrator knows a set of words W, and the statement (SI = B1,...
=Bk) holds; we now look for a substitution u such that aO reduces to a subset of iL and Fit reduces
to a statement that is does not contradict a(Sl = B ,.Sk =Bk)- We then examine aO and aA and
check that

(a) aI aA, aL, and oeSt = Bl,...,Sk =Bk) are irreducible

(b) Cond(oI,oA) is satisfied, and

*Our reasons for making this assumption have notng to do with the mathematical basis of the term-rewriting program that we use, which
could be applied equally as well if this restriction were not enforced. However, we have found this assumption useful in the analysis of
protocols.
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(c) if ar(S1 = Bl,...,Sk Bk) implies Cr(Si = Bj) and cuA contradicts a(Sj = Br), then nf(a-A')
implies a(Si = B i); otherwise, nf(a(A') fails to contradict u(Si = B).

The description of the state immediately preceding is then one in which the penetrator knows a- U
a-L, and a-A holds together with all T C from a(S -B 1 ,.. ,ck Bk) thata're not specified by oA.

For example, suppose that we want to find all states immediately preceding one in which the
penetrator knows the word Q, where Q is variable standing for any word. If we let a be the substitu-
tion Q = e(XY). we can apply the rule

IF tY) C W AND KEYSTATE(Z) = X THEN W = W U [e(X,Y))

to get the previous state to be one in which the penetrator knows Y and KEYSTATE(Z) = X. On
the other hand, if we apply rule R and let a be the substitution Y = d(X,Q), then e(X,Y) =
e(X,d(X,Q)) reduces to Q and the previous state is one in which the penetrator knows d(X,Q) and
KEYSTATE(Z) = X.

As we see from ohnve, nften there is more than one a- matchinrg up a. system state descripton
with the conclusion of a rule. Since we want to be able to describe all possible system states that can
immediately precede a state satisfying a given description, we want to be able, for each rule, to find
all or matching up the state description with the conclusion of that rule. Usually, an infinite number
of such ca exist, but it is often possible to find a finite and complete set of such ai, that is a set S such
that, if r is a substitution matching up the state with a conclusion of a rule, then there is a a- E S such
that r = ao- for some substitution gt.

We can find such complete finite sets by using algorithms developed for finding complete sets of
unifiers with respect to some equational theory L10j. The term-rewriting system we use is noetherian
and confluent, thus we were able to use one of a class of algorithms, called narrowing algorithms,
first discussed by Slagle [12], that can be used to generate complete sets of unifiers with respect to
noetherian confluent term-rewriting systems. Accordingly we have written a. program Prolog [13]
that uses a modified version of the NARROWPR algorithm nf Rety et l. [141 to generate from a
protocol specification and a description of a system state P a complete descriotion of all system states
that can immediately precede a state that satisfies P.

Finally, once we have uncovered a mistake in a protocol, we would like to correct it and rever-
ify that it satisfies the security properties in which we are interested. Our task will be easier if we do
not have to reverify that the corrected protocol satisfies the security properties that the original proto-
col satisfied. To make this possible, we introduce the notion of a restriction of a rule.

fl,,4~.;a;.I A A r1u D =
L'tJ'Itittll L.9r - f-'lu IUIC

IF 12 C W AND A2 AND Cond(12 ,A2 ) THEN
W:= W U 02 AND A2

is a restriction of a rule RI =

IF I] C W AND Al AND Cond(I,Aj) THEN
W:= W U O 1 ANDA'

5
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C. A. MEADOWS

if there is a substitution or acting as the identity on the variables of R2 such that

(a) oil C 012,

(b) ciA2 - aAl

(C) aCond(12 ,A 2) - aCond(I1,A1),

(d) a02 C a-O, and

(e) cA1' =A-As.

T*;OnodfCIDnflnDkfll CD D +a..C-e.nal -nlaAn-.DIth-.n1hoIL Js e.a sL oL sa, Iat Afl2 10 a 1stI1%iio kl X 1 , LlWhe, Al A la r echable A Boons Minushe

application of R2, then there is a state P" that differs from P only in that the penetrator knows more
words in P" than in P, so that P" is reachable from P through the application of R,. Thus, if we
specify a state by listing a set of terms that must be known to the penetrator and a list of values that
must be assigned to a subset of that state variables, and no state satisfying that specification is reach-
able given a protocol specification containing a rule R, then no such state is reachable if we replace R
by one or more restrictions of R.

3. DESCRIPTION OF THE SELECTIVE BROADCAST PROTOCOL

The selective broadcast protocol described in Ref. 6 is intended to provide a means by which
one participant can encrypt a message so that it can only be decrypted by a designated subset of the
other participants, and that participant with the ability to decrypt a message cannot pass on the ability
or the message to other participants. The protocol relies for its security on a combination of encryp-
tion and tamperproof processors that will only perform certain actions prescribed by the protocol.
Messages are stored in the processors when decrypted and are not made directly available to the parti-
cipants. Examples of applications of this protocol are software protection, in which the messages
would be software that would only be executed inside the tamper-proof processors, and key distribu-
tion, in which the messages would be session keys that would never appear in the clear outside the
processors.

Since the protocol relies for its security on the correct operation of the processors, the set of
decisions that must be made by the processors is made as simple as possible, and the amount of data
that must be stored is kept at a minimum. This means that the processors do not check the input data
much; therefore they will perform their operations on just about any data that is input. Hence it must
be shown thatthere exisls no cst of data nhtninable My a penet ratror fhat ,when innut, crvnt reowrlt ;n
violation of the protocol's security requirements. Indeed, it was a flaw of this sort in an earlier simi-
lar protocol [51 that lead to the development of the selective broadcast protocol.

The protocol is as follows. Each participant has access to a tamper-proof processor A that has
access to a unique secret key q(A). The processors also have access to a common key m. Both m
and q(A) are only available to the processors and never appear in the clear outside the processors.
Messages are only decrypted inside the tamper-proof processors. Each processor has a unique identif-
ier, e(m,q(A)), which is made public. If participant A wishes participant B to be able to use message
M, he first chooses an identifier J for M and has his processor encrypt M using the key
d(q(A),d(m,J)). He then sends the encrypted message and an encrypted key
e(m,e(q(B),d(q(A),e(q(B),d(q(A),d(m,J)))))) to B. B inserts key and message, along with the identif-
ier e(m,q(A)), into his processor. The processor uses its knowledge of m, e(mq(A)), and q(3B) to
decrypt the key; it uses the key to decrypt the message and then runs the message.

6
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Each processor can be run in three modes: encrypt message, encrypt key, and decrypt message.
In all three modes, the user inserts two K-bit words X and Y (and possibly a third) and the processor
outputs e(mq(A)), where q(A) is the processor's identifier, and
e/,. //.JtI/-. 'V\ Ai'n-A 'i aI/ '.. V\"1(" ( A X-A A(- 'VXXXX'OX
CI.IHCuI~IUIIfl,) ,dUqkljf) ,CVkUkj.,fl) ,dUkW-) ,UklIL, I)) M)f)f.

In the encrypt message mode, the user inserts X = e(m,q(A)), Y = J, where J is the identifier
of the message, and message M. The second output of the processor reduces to J. This is used to
check that the system is working properly. The processor also outputs
oh(na(A\ aA(ml Y\rV(n(A) Aim, VYfb WI hrb),h rsduisce tn s(Afn(A) d(m I M) MI thb en-rrvnte-r mee-

sage.

In the encrypt key mode, the user inserts X = e(m,q(B)) and Y = J, where B is the processor
to which the user wishes to send the message. In this case the second output of the processor reduces
to e(mje(q(B),d(q(A),e(q(Btd(q(A),d(m.J)))))), which is the encrvnted key.

fl. 4L ;. 4 %.... . f s a 7 -N - f ;-..... V trnt X 

In LIM UCUIypI flt mlCsagv IliLUUee user fl inpJULs a - e4jLplJJ), i -

e(m,e(q(B),d(q(A),e(q(B),d(q(A),d(m,J)))))) and the encrypted message. In this case the second out-
put reduces to J. This is used to check that the key transfer has taken place correctly. The processor
also decrypts the key and uses it to decrypt the message. The processor then uses the decrypted mes-
sage according to the rules of the application.

This protocol is relatively simple. We were able to specify it by using only eleven protocol
rules and three rewrite rules, thus making an analysis that proceeded largely by hand practical. How-
ever, the complexity of the operations used, which made it difficult for an analyst to gain an intuitive
feeling for the security of the protocol, and its reliance on mechanisms similar to those employed by
anr earlier flawed protocol [5], suggestedg that a formal analysis was necessar. These facts made the

protocol an excellent test case for our methods.

Our analysis found two security flaws in the protocol. Both were easily correctable, but they
were subtle and might not have been found in a less formal analysis.

The first flaw, described in more detail in Section 5.3, was not found directly as the result of
our atemLLptsLb Lu piuve LIC th ULrtoUI olUcLLre, UUL IL Wab iuuiiu after ins-CtiCAoLI ui sae uI Luke tases V,1-

erated by the narrowing program. It relies on the incorrect operation of a penetrator's processor
when it is used in decrypt message mode. If the processor operates correctly otherwise, it success-
fully detects the error, but the penetrator can use the diagnostic (that is, the second word output) gen-
erated by the processor to obtain a key to a message that he was not authorized to have. This flaw
canr Ib rain by, in, l ng1..AUI1 lae, HIn.-LL.atn.,L in tIle Uiargnotc.I

The reason that our methods did not directly lead to the discovery of this flaw is that our specif-
ication only described a system that operated correctly and did not take possible failures into account.
In Section 6 we discuss how our system could be changed to assist us in finding these kinds of errors.

The other flaw, described in Section 5.4, can be exploited even if the system operates correctly
in every respect, and it was found as a direct result of our use of the methods described in this report.
By supplying incorrect information to his processor when it is run in encrypt message mode, a pene-
trator can encrypt his own message by using another processor's key. This allows a penetrator to
impersonate other members of the network. This flaw can be corrected by relying on the nrocessor,
instead of the protocol participant, to supply the first word input when it is run in encrypt message
moue. we altered tme specification to correct ins flaw and used our tecuiiques to prove tiat msle

altered specification satisfied the three security properties listed above.

7



C. A. MEADOWS

One more interesting fact emerged in our analysis of the selective broadcast protocol. Nowhere
in our proof of correctness did we need to use the fact that the processor identifiers q(A) were unob-
tainable by a penetrator. This does not necessarily mean that the encryption of the values q(A) was
not needed; in some applications the system might have security needs beyond the ones that we
analyzed in which the encryption of the processor identifiers was necessary. Moreover, the encryp-
tion of the processor identifiers may have some other effects necessary to system security besides
keeping the identifiers secret. Nevertheless, the fact that we did not need to use the secrecy of the
processor identifiers suggests that in certain applications we might be able to omit this layer of
encryption, and that it would be worth our while to attempt to model and verify, with respect to the
needs of a particular application, a system in which processor identifiers were unencrypted. This
shows that our techniques can be used not only to locate security flaws of a system but to identifypaits 'ii a zystnalll tka; mllay U411il CAy ws its allevclenuin uo seurity.

4. MODELING THE SELECTIVE BROADCAST PROTOCOL

We will assume that the system consists of an unspecified number of users, and that each user is
represented by a processor T that is capable of generating an infinite number of messages mess(TN)
to be encrypted, where N ranges from I to infinity. We will assume that messages are generated in
numerical order. We only pay attention to the first K bits of each message where K is the block
length of the cryptosystem involved; thus, we can assume that each message is a K bit block. We
will assume that the penetrator has gained control of an unspecified number of processors. We will
identify each processor under control of the penetrator by q(LDslave) where ID is a processor identif-
ier, one of id, through idk, and each processor not under control of the penetrator by q(ID,free).

Since the protocol is meant to be used for several possible applications, the specification in Ref.
6 is necessarily incomplete. In particular, it is not specified how it is assured that each processor is
accessible only by its owner, how a processor identifies the author of a request for an encrypted mes-
sage, what other actions a processor takes upon receipt of a request besides generating the encrypted
key (for example, if the message is a program, the owner of the program may want to charge the
requester for its use), or what actions a processor takes after decrypting an encrypted message. All of
these actions are dependent upon the application, and they would be specified once the application is
chosen. Since they are also necessary to the security of the application, the protocol would have to
be reverified once application-specific rules were inserted. However, verifying the specification
before application-specific rules are inserted allows us to remove errors that would affect all applica-
tions, thus the verification process is easier later on.

We will give each processor five state variables. Each state variable takes on a term or a list of
terms as a value. One, MESSTATE(T), will hold the identifier of the next message that T can gen-
erate. Initially, MESSTATE(T) is I (or s(zero), where s denoted the successor operator). The
secA~lUr IJed, I I~tA AU, l uitWV ICUtU1Ui1C1 o a Lsa i be decryptLVU by LIIM User GnIU Ue iUdeaViIUII
of the originator of the message. The third, KEYSTATE(T), holds the value of the decrypted key.
The fourth, READYSTATE(T), is set equal to "true" if the IDSTATE(T) and KEYSTATE(T) check
out. The fifth, RUNSTATE(T), holds the value of the decrypted message.

8
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The function symbols used in the modeling of the selective broadcast protocol are listed below:

name arity

zero1 zero 
yes zero
s one

P one
e two
d two
q two
free zero
slave zero
name two
identical two
idl, . idk zero
mess two
m izero|

we use ihe following three rewrite rules:
I. e(X,d(X,Y))- Y

d(X,e(X,Y)) - Y

identical(X,X) - yes.

The proof that the term-rewriting system thus defined is noetherian7and confluent is also similar
to that given in Ref. 9. therefore we omit it here-

We first model the behavior of the free processors, which we'assume behave according to the
rules of the protocol. Each free processor can generate and encrypt messages. 'lEach message is iden-
tified by a name denoted by name(q(X,Y),N) where q(X,Y) is the identifier of the processor originat-
ing the message, and the message is the Nth message generated .by that processor. The word
name(q(X,Y),N) does not necessarily uniquely identify the message,nbut the name together with
e(m,q(X,Y)) does. The message itself (as opposed to its name)"is denoted by mess(q(X,Y),N). The
distinction between message and name is that the name can be mfadepublic, while the message
remains secret. Thus the rule for generation and encryption of messages is given as

[F MESSTATE(q(ID,free)) = N THEN
W : W U iname(q(ID,free), N), e((d, q(ID, free), d(m, name qQIDfree),J))), mess(q(ID, free), N)))
AND MESSTATE(q(ID),free)):= s(J)

where s(N) denotes the successor of N.

Each free processor can also encrypt a key for a message and send it to another processor P.
We will assume that an encrypted key for message name(q(ID,free),N) is sent only after a request for
that message has been received from P. A processor (or its owner) may. decide not to honor a
request; however, we do not specify the decision process. Thus, this rule may be thought of as a
nondeterministic one. We will also assume that it is possible that a processor may forward a key

9
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without determining whether or not the identifier given is an identifier for an existing processor and
not some other K-bit word.

IF {XYJ C W THEN
W = W U le(m, q(ID, free)), e(m, e(d(m,X), d(q(IDfree), e(d(nX), d(q(D, free), d(mY))))))}.

Finally, a processor can attempt to decrypt a message. First, a processor accepts a message
name and the identifier of the message originator. In doing so, it checks that IDSTATE does not
hold any old name-identifier pairs, that is, that IDSTATE = [zero,zeroj, and that KEYSTATE,
RUNSTATE, and READYSTATE are zero. It also checks that the new identifiers are not zero.
(This is in order that a hostile penetrator cause a state variable to be zeroed out.)

IF [X, YJ C W AND IDSTATE(q(ID, free)) = [zero, zero] AND
KEYSTATE(q(lD, free)) zero AND READYSTATE(q(ID, free)) = zero
AND RUNSTATE(q(ID, free)) = zero
AND X * zero AND nf(d(m,Y) * zero THEN

IDSTATE(q(ID, free)) : = [X, d(m, Y)7.

Next, the processor accepts and decrypts a key. Again, it checks that KEYSTATE, READY-
STATE, and RUNSTATE do not hold any old key values, that the new key is not zero, and that the
values stored in IDSTATE are not zero.

IF [XI C W AND IDSTATE(q(ID, free)) = [Y, ZI
AND KEYSTATE(q(ID, free)) zero AND RUNSTATE(q(ID, free)) = zero
AND READYSTATE(q(ID, free)) = zero AND
Y * zero AND Z * zero
AND nf(d(qID, free), e(Z, d(q(ID, fee), d(m, X))))) * zero THEN

KEYSTATE(q(ID, free)) : =
ad(q(ID, free), e(Z, dq(IqD, free), d(m, X)))).

Once key and identifier are loaded, the processor checks to see if they agree.

IF IDSTATE(q(IDfree)) r X,Yi AND KEYSTATE(q(ID, free)) [ZJ
AND READYSTATE(qQI,free)) = zero AND RUNSTATE(q(ITDfree)) - zero
AND X * zero AND Y * zero AND Z * zero THEN

READYSTATE : = [identical(X, e(mre(YZ)))].

The processor now decrypts the encrypted message. In doing so, it first checks ftat no message
is presently stored in RUNSTATE, and that the new message is not zero.

IF [X) CW AND KEYSTATE(q(IDfree)) = [Y
AND READYSTATE(q(IDfree)) = [yesj AND RUNSTATE(q(LD, free)) zero
AND Y * zero AND nf(d(Y, X)) * zero THEN

RUNSTATE(q(ID, free)) := [d(Y, X).

The processor can also zero out all variables at any time. In an actual application, this would
either be at the direction of the user or possibly in response to an error or both.

IDSTATE(q(ID, free)) = zero AND KEYSTATE(q(IDfree))= zero
AND READYSTATE(q(ID, free)) = zero
AND RUNSTATE(q(ID,free)) = zero.

10
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We now model the interactions of a penetrator with the terminals under his control. First, the
penetrator can use a terminal to encrypt a message. This is similar to the way in which a free termi-
nal encrypts a message, except the values encrypted can be any arbitrary values input by the penetra-
tor:

IF( XYZ) C W THEN
W := W U je(m, q(ID,slave)),
e(m, e(d(m, Y), dq(IDslave), e(d(m, Y), d(q(IDslave), d(m, X)))))),
e(d(q(ID, slave), e(d(m, Y), e(d(q(ID, slave), d(m, X)))), Z))1.

The rule for encrypting a key is identical to the rule for encrypting a message, except that the
last output is not given. Since the penetrator learns no more from that rule than from the rule for
enorrntinc n message we will omit it

Secondly, the penetrator can use a terminal to attempt to decrypt a message. These rules are
identical to the rules for the free processors, except that in the rule describing READYSTATE, the
penetrator can learn the terminal output. The READYSTATE rule is given as

IF IDSTATE(q(ID, slave)) = [XY] AND KEYSTATE(q(ID, slave)) C[Z]
AND READYSTATE(q(JD, slave)) = zero THEN

READYSTATE(q(ID, slave)): [equal(X, e(m, e(Y, Z)))] AND
W := W U te(m, q(iD, slave)), e(m, e(Y, Z))).

Finally, we assume that the penetrator can encrypt and decrypt data on his own,

IF{XY) C W THEN W:=W U fe(XY)I
IF(X, Y C W THEN W:=W U ld(X, Y)1.

A penetrator may try to attain at least three goals. One is to decrypt a message on one of the
processors under his control and that is not authorized to decrypt that message. This includes the
case in which another processor under his control may be authorized to decrypt the message. The
second is to convince a processor to decrypt a message supplied by the penetrator under the illusion
that it is decrypting a message supplied by a free processor. Last but not least, the penetrator may try
to obtain a copy of a free terminal's message in the clear.

The penetrator will have attained his first goal if he is able to make one of the state variables
RUNSTATE(q(IDl ,slave)) take on the value mess(q(71D2,free),K) without having had processor
q(IDl ,slave) request the right to that message. He will have attained his second goal if he is able to
make one of 01he state variables KU1NSIA n 4qkiJL2free)) = mlClsS(qqivL slave),LN) and ISIAItE =
[Qq(1D3 ,free)]. He will have obtained his third goal if some mess(q(ID ,slave),N) C W.

We will assume that initially the penetrator knows all processor identifiers e(mq(AB)), as well
as a set of messages mess(q(ID, slave) ,B) belonging to the slave processors, along with their names,
and the value zero.

5. ANALYSIS OF THE SELECTIVE BROADCAST PROTOCOL

To perforl our analysis, we used the following definition and lemma from Rer. 9.

Definition 5.1 - Let E be a term in NtPF). Let a be a function symbol of arity zero, We say
that a appears on the right-hand side of E if E = a or E is the result of applying a finite number of
encryptions and decryptions to a.

11
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Lemma 5.2 - Let [T(FF),ESRW 0 ,AQJ be a specification of a cryptographic protocol. Let a
be a function symbol of arity zero. Suppose that a does not appear on the right-hand side of any
word in WO. Suppose also that, for every rule in R of the form

IF S = T AND I C W AND pred(t, T) THEN
W:= WUO 1 . .. ,Ok} AND S:= T'.

a appears on the right-hnid side of no word Oi, and if X is a variable appearing on the right-hand
side of some Oi, then X appears on the right-hand side of some word in 1. Then a is unobtainable,
and any word in which a appears on the right-hand side is unobtainable.

Corollary 5.3 - The word m and any word with m on the right-hand side are unobtainable in
the selective broadcast protocol.

Proof: All rules of the selective broadcast specification aisft the hypotheses of Lemma 5.2
except the penetrator READYSTATE rule. Thus the result is true for the protocol minus the penetra-
tor RIAOYSTATF rule. Moreover- if H is a history in which the penetrator learns the word m or
any word with in on the right-hand side in the last state change, that last change must have taken
place via the penetrator READYSTATE rule. Thus the penetrator learns a word
e(nmq(ID,slave),e(m,e(YZ))) reducible to a word with m on the right-hand side, and Z is the value of
KEYSTATE(q(lD,slave)). By inspection of the reduction rules we see that Z must have m on the
right-hand side. Application of the narrow program shows us that, for KEYSTATE(q(ID slave)) to
take on the value Z, we must have Z = d(q(IDslave),e(Qd(q(IDslave),d(mn,X)))), with previous
knowledge of X. But X must also have m on the right-hand side, which contradicts our assumption
that Z is the first word learned with m on the right-hand side. [I

We are now ready to begin the analysis.

5.1 Obtaining Decrypted Words

In our initial attempts to run the narrower program to answer these questions, we kept on run-
ning up against the following question: Is it possible for the penetrator to obtain a word d(X,Y)
without first knowing X and Y. We decided to try to answer that question first.

We assumed that we were at a point in the history in which previously, if an irreducible instance
of d(X,Y) had been obtained, then X and Y had been obtained previously to d(XY). In the first run
of the narrower program, we asked the program for all cases in which the penetrator could find
d(X,Y) without assuming previous knowledge of m, both X and Y, d(X,Y), or d(Z,d(X,Y)). (We
included the last because by our hypothesis knowledge of d(Z,d(XY)) would imply knowledge of Z
and d(X,Y).)

There were a number of responses. In each, either knowledge of an irreducible instance of
e(m,e(q(W),d(Ze(q(W),d(Zd(md(X,Y))))))) or knowledge of both Z and e(Z,d(X,Y)) was required,
After asking the narrowing program how these words could be obtained, it was decided to try to show
the following.

Lemma 5.4 - Assume that, at a particular point in the protocol, no irreducible insance of
d(W1 ,W 2 ) has been obtained where one of W1 and W2 have not been previously computed. Let X
and Y be two words, one of which has not been previously computed, and assume that in the next

12
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step of the protocol an irreducible word of F is obtained, where F is the language defined by the fol-
lowing productions:

F: - d(X,Y)

F: - e(Q,F)

C: - d(m,F)

C - e(L,d(L,C))

F: - e(m,e(L,d(LC))

where L is the set of all irreducible terms, and Q is the set of all irreducible terms except m. Then
some word of F must have been obtained prior to this point.

Since no word of F is known to the penetrator initially, this means that all words of F are unob-
Malulab, auu ual Li pat J utlar uikY js unobLainable.

Proof: Running the narrower on d(X,Y) showed us that learning d(XY) required knowledge of
a word in F. Thus, to show that knowledge of a word in F requires previous knowledge of a word in
F we need to show that

(1) knowledge of a word e(QF) requires previous knowledge of a word in F or of an unob-
tainable word, and

(2) knowledge of a word from e(m,e(L,d(L,C))) requires previous knowledge of a word from
F or of an unobtainable word.

To answer (1), the next question we posed to the narrowing program was: how can we find
instances of e(Z,W) where Z * m and W was not previously known? Thi's was done by asking the
narrowing program to find e(ZW), but to throw out solutions of the form e(mW). The program was
also told to throw out solutions that required input of m, W, or d(R,e(ZW)), since m is unobtainable,
W is assumed not to be previously known, and knowledge of d(R,e(Z,W)) would by hypothesis
require previous knowledge of e(Z,W). All solutions turned out to require previous knowledge
instances of

(a) e(m,e(A,d(IB,e(A,d(B,d(m,e(Z,W))))))), or;

(b) e(A,e(Z,W)).

Assuming that W was in F, all words of the form listed above would also have to be in F.
Thus (1) holds.

To show that (2) held, we asked the narrower program how to obtain instances of
e(m,e(A,d(B,C))). We assumed that C E C. We asked the program to rule out solutions requiring
previous knowledge of m, e(m,C) (since e(m,C) is assumed to lie in F if irreducible), and
d(Z,e(m,e(A,d(B,C))). Quite a few solutions were produced. All of them required, previous
knowledge of instances of one of the following:

13



C. A. MEADOWS

(a) e(m,e(D,d(E,e(D,d(E,e(Ad(BC)))))))

(b) e(me(D,d(Ee(D,d(BC)))))

(c) e(m,e(Ed(AC)))

(d) e(me(DEl) where C = e(AE)

(e) e(inE) where C = e(Ad(DE))

(f) E where C = e(Ad(DAd(mE)))

(g) e(me(Dm))

(h) e(me(Dd(Ee(Dm))))

(i) (Dem(A,d(,)) a] R nd D.s Ofce

Some cases required no input words, but required that KEYSTATE and IDSTATE must have
certain values. When we ran the narrower program on these, however, we found that they required
prior knowledge of one of the words listed above.

We consider each case.

In case (a) - e(me(Ad(BC))) is in F by hypothesis. Hence so is e(mr,e(D,d(Ee(Ad(B,C))))
and thus so is e(m,e(D,d(E,e(D,d(E,e(A,d(B,C))))))).

In case (b) - C E C by hypothesis, so e(me(Dd(Ee(Dd(BC))))) E F. A similar argument
works for case (c).

In case (d) - the fact that C E C means that C ( d(m,F) or e(L,d(LC)). Since C = e(AE), C
must be a member of the latter. Thus E = d(R,S), where S E C. Thus e(me(D,E)) is in F. A
similar argument works for cases (e) and (D).

In cases (g) and (h), the word m appears on the right-hand side of the input and so those words
are unobtainable.

In case (i) -D cannot be m, since m is unobtainable, and so e(D,e(m,e(Ad(BC)))) must be in
F.

We now show that d(XY) is unobtainable unless the penetrator already knows X and Y. Sup-
pose that a penetrator has obtained d(XY) without having previously obtained X and Y. Then the
penetrator must have already obtained a word from F. Let W be the first such word obtained by the
penetrator. If W were d(X,Y), then the penetrator would have already known a word from F. If W
were in e(Q,F), then by our analysis of the results of running the narrower on e(A$), the penetrator
would have previously obtained a word from F. Finally, if W were in e(rne(L,d(LC)), then by our
analysis of the results or running the narrower on e(me(Ad(BC))), the penetrator would have
already obtained a word from F. Since the penetrator does not know any word of F initially, we can
show by induction that F, and hence d(X,Y), is unobtainable. [I
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As a corollary we obtain the result that a penetrator cannot find the key to a message encrypted
by a free terminal, for such keys are of the form d(q(IDfree),d(mname(q(IDfree),N))). Knowledge
of such a key would imply knowledge of q(IDfree) and d(mname(q(IDftee),N)), which would in
turn imply knowledge of m. But m is unobtainable.

5.2 Obtaining a Message in the Clear

Our next goal was to find out whether or not a penetrator could obtain a message
mrsnt((TID free)hNo in the nle.arr Fit we. asked the narrownr to find linder what conditions apenetra-
tor could obtain such a word. We asked it to ignore solutions that required the penetrator to have
prior knowledge of m or d(Zmess(q(IDfree),N)), since by Lemma 5.3 m is unobtainable, and by
Lemma 5.4, d(Zmess(q(IDfree),N)) is unobtainable unless mess(q(IDlfree) N) is already known.
The program derived a number of solutions, each of which required one of the following conditions:

(a) KEYSTATE(q(Y ,slave)) = d(Z ,d(mmess(q(ID ,free) ,N) and IDSTATE(q(Y ,slave))
[R,ZI

(b) prior knowledge or elme(A a(L e(A o(t d(mmessqgw ,fee) ,NW))))

(c) prior knowledge of X and e(Xmess(q(ID ,free), N)).

When we ran the program on the first condition, we found that attaining: that state required prior
knowledge of one of the following:

(a) mess(q(IDfree),N)

CD) e(me(qD2-i2,slave),d(Yd(mmessq(qQD,free),N)))))

{c) e(m e(q(ID2,slave),d(Y e(q(ID2,slave),d(Z d(m mess(q(ID frep)-N)))j)3

This and the results of running the narrower program on the last two cnnditinn nrnnmntpcd us tn

try and verify the unobtainability of the irreducible words of the following language A:

A: - mess(q(IDfree),N)

A: e(B, A)

C: - d(mA)

C: - e(L d(LC})

C: - e(L,d(LA))

A: - e(m,C)

where L is the set of all irreducible terms and B is the set of all irreducible terms except
d(q(ID, free) ,d(mname(q(IDfree) ,N))).

Theorem 5_ - A as dAfineA above is ,urJotak1be.-VW.,~, la Uinsutaiijauil
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Proofo The results of running the narrowing program on mess(q(IDfree),N) show us that
knowledge of mess(q(ID,free),N) already implies prior knowledge of a word of A. Thus we can
show that A is unobtainable if we show that

(1) krnowledge of e(AB) where A =dqn(IDWfree),d7n jnameql.-fD,freef,N)) and B E A
implies previous knowledge of a word from A;

(2) knowledge of e(mc(A,d(BC)) where C E C implies previous knowledge of a word from
A, and;

(3) knowledge of e(m,e(A,d(B,C)) where C E A implies previous knowledge of a word from
A.

To s500w (1), we run me narrower on e(A.,n) again, out this uni1e we Uo nut exLIuue instanUcs VI

eCm,B), but instances of e(d(q(ID,free),d(m,name(q(IDfree),N))),mess(q(ID,free),N). We also
exclude cases that require previous knowledge of m or d(C,e(A,B)). We came up with cases that
required previous knowledge of one of the following:

(a) e(m,e(q(S,T),d(Ve(q(S,T),d(Vd(m,e(AB>))))))

(b) e(me(q(S ,T) ,d(V,e(q(S,T) ,d(V ,B)))))

(c) e(m,e(q(S,T),d(V,e(q(S,T),W)))) where B = e(V,W) and e(m,V)

(d) e(m,e(q(S,T),d(VW))) where B = e(V,d(q(S,T),W)) and e(m,V)

(e) e(me(q(ST),W)) and e(m,V) where B e(V,d(q(ST),e(V,W)))

(f) e(m,W) and e(m,V) where B = e(Vd(q(ST),e(Vd(q(ST),W))))

(g) W and eimV) where BR e7,(Vd(i(S.T)-e(V-d(rq(ST),-dcn-,W))))

(h) e(m,e(q(ST),d(m,V),e(q(ST),W)))) and V where B = e(d(mV),W)

(i) e(m,e(q(S,T),d(d(mV),W))) and V where B = e(d(m,V)d(q(S,T),W))

dj) e(m,e(q(ST),W)) and V where B = e(d(m,V),d(q(S,T),e(d(m,V),W)))

(k) e(m,W) and V where B e(d(m,V),d(q(S,T),e(dmV),d(q(ST),W))))

(I) W and V where B = e(d(m,V),d(q(ST),e(d(m,V),d(q(S,T),d(m,W)))))

(m) B

(n) e(C,e(A,B)) and C

We want to show that knowledge of e(A,B) implies previous knowledge of a word from A.

Cases (a) and (b) can be easily shown to imply previous knowledge of a word from A.
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In case (c) - B = e(V,W). Since B E A, either W is in A or V = m and W E C. But e(m,V)
is known, so V cannot be m. Thus W e A. Hence e(q(ST),W) E A, and so
e(m,e(q(S,T),d(V,e(q(S,T),W)))) E A. A similar argument works for case (h).:

In case (d) - B = e(V,d(q(S,T),W)), and so d(q(S,T),W) must be inkA. But A contains no
elements of this form. A similar argument works for cases (e) through (g): and (i) through (1).

In case (m) - previous knowledge of B E A is needed.

In case (n) - previous knowledge of e(C,e(A,B)) and C is needed. Since C is known, C cannot
be e(q(ID,free),dfm,N)), so e(A,e(A,B)) E A.

Next we consider case (2). We take the output of the narrower on e(m,e(A,d(B,C))) in which it
was asked to ignore solutions requiring previous knowledge of e(mC) (in A), m, or
d(Z,e(m,e(A,d(B,C))). Recall that these required previous knowledge of one of the following:

(a) e(m,e(Y,d(X,e(Y,d(X,e(A,d(B,C)))))))

(b) e(m,e(Y,d(X,e(Y,d(B,C)))))

(c) e(m,e(Y,d(A,C)))

(d) e(m,e(Y,X)) where C = e(A,X)

(e) e(m,X) where C = e(A,d(Y,X))

(1) X where C = e(A,d(Y,d(m,X)))

(g) e(me(Y,m))

(h) e(m,e(Y,d(X,e(Y,m))))

(i) e(X,e(m,e(A,d(B,C)))) and X.

The same previous arguments also hold in this case, except for case (.1). For that case, we note
that, since X is known, it cannot be d(q(ID,free),d(m,name(q(ID.free),N))), therefore
e(X,e(m,e(A,d(B,C)))) f A.

Finally, we consider case (3). We run the narrower on e(me(Ad(B,C))) where C is now
presumed to be in A, this time asking it to ignore all results that require previous knowledge of C,
d(Z,C), m, or d(Z,e(m,e(Ad(B,C)))). (Words of the form d(Z,C) are excluded because knowledge
of such a word would imply previous knowledge of C). We found that prevIous knowledge of one of
the following was required.

(a) e(m,e(q(R, S) ,d(X,e(q(R,S) ,d(Xe(A ,d(B ,C)))))))

(b) e(m,e(q(R,S),d(X,e(q(R,S),d(B,C))))

(c) e(m,e(q(R,S),d(A,C)))

(d) e(m,e(q(R,S),Y)) and e(m,A) where C = e(A,Y)
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(e) e(m,Y) and e(m,A) where C = e(Ad(q(RS),Y))

(f) Y and e(mA) where C = e(A,d(q(R,S),d(m,Y)))

(g) e(m,e(q(R,S),Y)) and Z where C = e(d(m,Z),Y)

(h) e(mY) and Z where C = e(d(rm,Z),d(q(R,X),Y))

a( V anr 7 Ixtr rP = pAin, 7\ AtiPo V\ .4Cm VX'X\
VI- Alft t. t ,l~IIt.J~w%*\

9
AX,Ix OU1i1L A j

(j) words with m on the right-hand side

(k) e(Xe(m,e(A,d(B,C)))) and X

Cases (a), (1), and (c) are in A by the fact that C E A and the definition of A.

In case (d), e(m,A) is known, so A * m. Thus, since C = e(A,Y) and C C A, Y C A.

In cases (e) and (f. C E A and A * m as before, so d(q(R,S),Y) and d(q(RS),d(mY)) must be
in A. But they fail to satisfy the definition.

In case (g), d(mZ) * m, so Y E A, and so e(me(q(RS),Y)) e A by definition.

Cases (h) and (i) are similar to cases (e) and (f. with d(m,Z) substituted for A.

In case (j), words with m on the right-hand side are unobtainable.

In case (k), the fact that X is known means that X * d(q(ID,free),d(mname(q(ID,ftee),N))),
and thus e(X,etm,e(Ad(BC)))) E A by definition.

Thus we have shown that A, and hence messq(ID,free),N)), is unobtainable. [I

As a corollary, we have that the only words of the form e(Z,mess(q(X,free),Y)) obtainable by
the penetrator are those where Z is d(q(Xfree),d(m,name(q(X,freeY))).

5.3 Obtaining the Rights to an Encrypted Message

Now we show that a penetrator cannot decrypt a message without first paying for it. In other
words, we will prove the following theorem:

Theorem 5.6 - It is impossible for RUNSTATE(q([Dslave)) = rness(q(ID2,free),N)) unless
the rule

IF tX,J1 C W THEN
W := W U fe(m,q(I1D,free)), e(me(d(in,X),d(q(ID,free),e(d~mX),d(q(ID,free),d(m,J))))))J

has been applied with X = e(rm,q(Dslave)) and J = name(q(ID,free),N).

To prove this theorem, first we asked the narrower program for the conditions necessary for the
state value RUNSTATE(q(ID,slave) = mess(q(ID2,free),N). It responded that
KEYSTATE(q(IDslave)) must be X where the penetrator has prior knowledge of
clY mp-v(nffTl') frpA\ N .\ anA t*hat DFAnfVVTATLinI7floTo,,i rust ba steno.
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According to the results of Section 5.2, X must be equal to
d(q(1D2 ,free) ,d(mname(q(ID2 ,free) ,N))). Thus our next step was to ask the narrower program what
were the conditions for KEYSTATE(q(ID ,slave)) = d(q(ID2 ,free) ,d(mname(q(1D2 ,free) ,N))) and
READYSTATE(q(IDslave)) = 'yes'. The narrower responded:

(a) KEYSTATE(q(LD ,slave)) = d(q(ID2 ,free) ,d(mname(q(ID ,free?),N))) and
IDSTATE(q(IDslave)) = [name(q(IDfree),N),q(ID2,free)], and;

(b) KEYSTAT1E(q(D, slave)) = d(q(ID2, tree) ,d(mname(q(ID,free) ,N))) and
IDSTATE(q(IDslave)) = [e(me(Yd(q(ID2 ,free),d(mname(q(ID2,free) ,N))))) ,Y].

We asked the narrower what conditions were necessary for (a) or (b) to hold. It responded that,
in the first case, prior knowledge of

e(m, e(q(ID, slave), d(q0D2, free), e(q(lD, slave), d(q(ID2, free), d(m, name(q(1D2 free), N)))))))

was necessary, and in the second, either prior knowledge of

e(m, e(q(ID, slave), d(Y, e(q(ID, slave), d(q(ID2,free), d(m, namne(q(D2, free), N)))))))

was necessary, or prior knowledge of

e(m, e(q(ID, slave), d(q(ID2, free), d(m, name(q(1D2, free), N)))))

and

IDSTATE [e(m, e(q(ID, slave), d(q(ID2, free), d(m, name(q(D2, free), N))))), q(ID, slave)]

was necessary. Thus all we need to show is that none of the above words are obtainable without
application of the rule

IF (X,JJ C W THEN
* W ( I I(t-m nflf fe mu n -(ofdrn YN Afntlf fraa s/AIm Y'A A/nnT frao\ A/n T'Ah\\VI

with X = e(mq(IDslave)) and J = name(q(IDfree),N).

First we asked the narrowing program what conditions would be needed for the penetrator to
learn

e(m, e(q(ID, slave), d(q(ID2, free), d(m, name(q(ID2, free), N))))),

asking it to ignore conditions that required previous knowledge of m,

d(q(ID2, free), d(m, namefq(ID2, free), N)),

or

d(Z, e(m, e(q(ID, slave), d(q(ID2, free), d(m, name(q(1D2, free);N)))))).
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It responded with a number of conditions, each of which involved at least one of the following
requirements:

(s\ CKFYVTATFcn(R clavei-) = d'n(Ifl9 rThpM) d(m nAmr inflfl7 frFsti NMn

and IDSTATE = [Xq(IDslave)J for some B;

(b) KEYSTATE(q(B, slave)) = d(X,e(q(IDslave),d(q(1D2, free),d(mname(qID2,free) ,N))))
and IDSTATE = [YX];

(c) prior knowledge of
e(me(q(Afree),d(Xe(q(Afree),d(Xe(q(IDslave),d(q(ID2,free),
d(mname(q(ID2 ,free}N)))))));

(d) prior knowledge of
e(mte(q(Afree),e(qqeDslave) ,e(q(Afree),d(q(ID2 free),d(mname(q(1D2 ,free),N))))>;

(e) prior knowledge of
e(m,e(q(1D ,free),d(q(B,slave),d(m,name(q(ID2,free) ,N)))));

(f prior knowledge of
e(m,e(a(B .slave) .d(X .e(i(B .slave) .d(X.e(ci(ID slaveW.d(a(ID2 free).
d(m,name(q(D2 ,free) ,N)))))))));

(g) prior knowledge of
e(m,e(q(3,slave),d(qQD,slave>,e(q(B,slave),d(qID2,free),dfmname(q(I1D2,free),N))))));

(h) prior knowledge of
X and e(X,e(m,e(qQIDslave),d(q(ID2,slave),name(q(ID2,free),N))fl), or;

(i) prior knowledge of a word with m on the right-hand side.

Condition a raises some interesting questions. When we ran the narrower on the KEYSTATE
value described in condition a, we found that to obtain it, the penetrator needs only to have prior
knowledge of the word

e(m, e(q(3, slave), d(Q, e(q(B, slave), d(qQD2, free), d(m, name(q(ID2, free), N))))))),

and that IDSTATE(q(,slave)) = [X,Q]. If Q = q(ID21free), then processor q(B,slave) could have
obtained the word by buying mess(q(1D2,freeN) from terminal q(3D2,free). Since we need
IDSTATE(q(Bslave)) to be equal to [Xq(IDslave)1 for condition a to hold, then knowledge of

e(me(q(B, slave), d(q(ID2,free), e(q(B, slave), dq(ID2, free), d(m, name(q(ID2, free), N)))»P

is not enough to bring about condition a. However, if it is possible for a penetrator to exploit some
flaw in the system software or hardware to force LDSTATE(qWB~slave) to take on the value
[Xq Dslave)j when it should be [Xq(1D2,free)1, the penetrator will be able to achieve condition a,
obtain the word
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(in, e(q(ID, slave), d(q(ID2, free), d(m, name(qQD2, free), N)))))

and thus be able to have mess(q(1D2,free),N) decrypted by processor q(IDslave) without authoriza-
tion from terminal q(ID2,free). Thus, we have found, if not exactly a flaw in the protocol, a point of
vulnerability. The diagnostics that are used to detect and inform the user of a system flaw can cause
a security flaw in the protocol.

However this vulnerability is easy to fix, assuming that we consider it a threat. Instead of hav-
ing the processor output its attempt to decrypt the encrypted value of tuhe message n-umlbier in tUis
case, we can require the user to insert the message number, have the processor do the decryption,
compare the decrypted value with the message number, and output "yes" or "no."

Attaining either condition a or b requires prior knowledge of one of the following:

(a) e(me(q(ID,slave),d(q(ID2,free),d(m,name(q(ID2,free),N))))) with B = ID

(b) e(m,e(q(B ,slave) ,d(q(ID ,slave) ,e(q(B ,slave) ,d(q(ID2 ,free) ,d(m,name(q(ID2 ,free) ,N)))))))

(c) e(me(q(B ,slave) ,d(X,e(q(B,slave) ,d(Xe(q(ID ,slave) ,d(q(ID2 ,free),
d(m,name(q(ID2, free) ,N))))))))).

After some experimentation we decided to show that the penetrator could not learn an odd where
odd words are defined as follows.

To define odd words we need the standard definition of occurrence.

Definition 5.7 - If T is a term, we define the set of occurrences in T, O(T) and their values as
follows,

(1) X E O(T) and T/X = T.

(2) If T = f(T1,...,Tn), and o E O(Tj), then io E O(Ti) and Ti. o= T-.o.

If o * X, define prefix (o) to be the string o minus the last number, that is, the occurrence of the
parent term of the tserm nrnLr4 nn at 0.

We can now define odd words.

Definition 5.8 - We begin by defining even words. These are all words from N4',F) contain-
ing no variable symbols that satisfy the following criteria:

(a) The right-hand side of the word is d(mname(q(ID2,free),N)).

JUN ~rr __ - 1__. _ __.._ -0_ _ . 4 4 4 . . _
ku) TheIVLC isk at usone uuier u rrinence of m at some i. ... i.t such that e(m,Y) occurs at

the prefix of 1.1 ... 1.1.

(c) Let 0 be the last such occurrence. Then, for all expressions E, the number of occurrences
S of the form 0. 1. 1. ... 1 such that E occurs at S is even.

A word is odd if it satisfies the first two criteria and not the last.

21



C. A. MEADOWS

A word from T(I,F) containing va'riable symbols is even (respectively, odd) if it satisfies those
first two criteria and all instances are even (respectively, odd). Thus

eln, e(q(A, free), d(q(B, slave), dim, name(q(ID2, free), N)))))

is odd, and so is

e(q(B, slave), e(m, e(q(B, slave), d(m, name(q(1D2, free), N))))).

However,

e(m, e(X, d(Y, e(X, d(Y, d(in, name(q(1D2, free), N)))))))

is even. The word

e(m,e(X, e(Y, d(m, name(q(ID2, free), N)))))

is not even, but is not odd either, since the insance given by the substitution X - Y is even.

Note that

e(m, e(q(ID, slave), d(qgD2, free), d(m, name(q(ID2, free), N)))))

is itself an odd word, and that the results of the narrower show that previous knowledge of an odd
word is required in order to learn it.

Lemma 5.9 - Odd words are unobtainable.

Proof We ran the narrower on X, where X was assumed to be an odd word. AM of the neces-
sary conditions turned up by the narrower fall into one of the following cases:

Prior knowledge of one of the following:

(a) e(n,e(Sd(Re(Sd(Rd(m,X))))))

(1$ e(m,e(Sd(R,e(S,d(R,C)))) where X = e(m,C)

(c) e(rne(Sd(R,e(SC))))) where X = e(m,e(RC)

(d) e(m,e(Sd(R,C))) where X = e(me(R,d(S,)))

(e) e(me(SC)) where X e(me(Rd(Se(RC))))

(f) e(mC) where X = e(m,e(Rd(S,e(R,d(S,C))))

(g) C where X = e(m,e(R,d(Se(Td(Sd(m,CQ)))))

(h) e(me(q(AB),D)) and C where X e(DC).

(i) C and e(m,D) where X e(d(q(AB),D),C)
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U) C and D where X = e(d(q(AB),d(mD)),C)

(k) C and e(m,e(q(A,B),d(R,e(q(A,B),D)))) where X = e(DC)

(I) C and D where X = e(d(q(A,B),e(R,d(q(A,B),d(m,D)))),C)

(m) C and e(m,D) where X = e(d(q(A,B),e(R,d(q(A,B),D))),C)

(n) r and e(me q(AB),D)) where X = eP(di(AR),e(R,)),C )

(o) e(DX) and D

(p) C and D where X = e(D,C)

(q) C and D where X = d(D,C)

The narrower also found the following state values that would produce an odd word

(r) KEYSTATE(q(A,slave)) = C and TDSTATE(q(A,slave)) =
[RD] where X = e(m,e(D,C))

(s) KEYSTATE(q(A,slave)) = d(D,C) and IDSTATE(q(A,slave))=
[R,D] where X e(m,C)

(t) KEYSTATE(q(A,slave)) = d(D,d(m,X)) and IDSTATE(q(A,slave)) = [RD].

Clearly, cases (a) through (g) require previous knowledge of an odd word. In cases (h), (k),
(o), and (p) C is an odd word unless D = m, in which case e(m,e(q(A,B),D)),
e(m,e(q(A,B),d(R,e(q(A,B),D)))), and D, respectively, are unobtainable.- Cases (i), (j), (1) through
(n), and (q) require previous knowledge of an odd word.

By running the narrower program on the values for KEYSTATE, we-see that prior knowledge
of one of the following is required.

For case (r)

rl. X

For case (s)

sl. X '

s2. e(m,e(q(A,B),d(D,e(q(A,B),d(D,C))))) where X = e(m,C).

For case (t)

tL X

S. e(m,e(q(A,B),d(D,e(q(A,B),d(D,d(m,X))))))

In each case, previous knowledge of an odd word was required. 
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Now recall that we are attempting to show that any irreducible instance of

e(m, eq(ID ,slave), d(q(ID2, free), e(q(ID, slave),. d(q(ID2, free), d(m, name(q(ID2, free), N)))))));

e(m, e(q([D, slave), d(Y, e(q(ID, slave), d(q(ID2, free), d(m, name(q(1D2, free), N))))))), or;

elm, e(,e(qD, slave), d(qQLD2, free), d(m, name(q(ID2, free), N)))))

is unobtainable unless terminal q(IDslave) has obtained the rights to mess(qaD2,free),N) from termi-
nal q(ID2,free). However the first and third words are odd, and so is every instance of the second.
except when Y = q(ID2,free). Thus all that remains to be shown is that

e(m, e(q(ID, slave), d(q(ID2, free), e(q(ID, slave), d(q(1D2, free), d(m, name(qQD2, free), N))>))))

is unobtainable unless terminal q(IDslave) has obtained the rights to mess(q(D2,free),N) from termi-
nal q(ID2,free). After running the narrower on that word, we found that all cases in which the pene-
trator was not required to know a word that was already shown to be unobtainable or to have pur-
chased th~e programss toQ run on. processor q(ID ,slave) rFquf J-e nprnnoj lnowld ge in 0onn*R1a word
with e(q(IDslave),d(q(ID2,free),d(m,nameq(IDZ,free),N)))) on the right-hand side. Thus our next
task was to prove the following.

Lemma 5.10 - No even word with efq(IDyslave)qiDfee),dhM^^rnm netaIqQ)Dfree),1N)))) on
the right-hand side is obtainable except by application of the rule

IF [X,}) C W THEN
W := W I I W(n¶ nflfl frap\ VrjnAat4(rr, Y\ A( fraoj i VAlvnstfl4.J 4tnnfJ\ Altm1'1

with X = e(mq(II),slave)) and J = name(q(ID,free),N)

ProoF We ran the narrower on X, where X was assumed to be an even word with
e(qqD,slave),d(q(ID2,free),d(m,name(q(1D2,free),N)))) on the right-hand side. Again, we asked the
narrower to ignore cases requiring previous knowledge of m or d(Z,X). We came up with the cases
(excluding cases involving application of the key-purchase rule with the input listed above) in which
prior knowledge of one of the following was required:

(a) e(m,e(Q,d(Re(Q,d(R,d(m,X))))))

(b) e(m,e(Q,d(Re(Q,d(RC))))) where X = e(mC)

(c) e(m,e(Q,d(Re(QC))) where X = e(m,e(R,C)

(d) e(m,e(Q,d(R,C)) where X = e(rne(Rd(Q,C)))

(e) e(me(QC)) where X- e(m,e(R,d(Q,e(R,C))

(f) e(m,C) where X = e(m,e(R,d(Qe(R,d(QC))))

(g) C where X = e(me(Rd(Qe(Rd(Qd(m,C)))))
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(h) C where X = e(Q,C)

(i) e(Q,X)

(j) C where X = d(Q,C)

or

(k) KEYSTATE(B,slave) = d(D,d(m,X)) and IDSTATE(B,slave) = [R,D]

(1) KEYSTATE(B,slave) = d(D,C) where X = e(m,C) and IDSTATE(B,slave) = [RD>

(m) KEYSTATE(B,slave) = C where X = e(m,e(D,C)) and IDSTATE(Bslave) -[R,D].

Clearly, cases (a) and (b) require prior knowledge of a word with right-hand side
e(q(1D,slave),d(q(1D2,free),d(m,N))). So does (c) unless R = q(ID,slave) and C =
d(q(I12,free),d(m,N)), in which case e(m,e(Q,d(R,e(Q,C))) must be an odd word. Similar arguments
work for cases (di through i), except fnr case (g) where X
=e(m,e(R,d(Q,e(Rd(Q,d(m,name(q(ID2,free),N))))))). But in this case (g) is the application of the
key-purchase rule that we had ruled out.

Running the narrower program on cases (k) through (m) gives us requirements for prior
knowledge of one of the following cases.

For case (k)

A1t1 Y%

For case (1)

11. X

12. e(m,e(q(A,B),d(De(q(A,B),d(D,C))))) where X = e(m,C)

For case (m)

ml. X

m2. e(m,e(q(A,B),d(D,e(q(A,B),d(D,d(m,X))))))

All cases require previous knowledge of an odd word. []

We have shown that the penetrator cannot decrypt a message on a given processor unless that
processor has been so authorized by the message's originator, and so Theorem 5.6 is proved.

5.4 Substituting Messages

A message mess(q(ID,slave),N) has been successfully substituted for a message
mess(q(ID2,free),Q) if there is a processor q(B,free) with

IDSTATE(q(B,free)) = [name(q(ID2,free), Q),q(ID2,free)]
RUNSTATE(q(B,free)) = mess(q(ID,slave),N).
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Accordingly, we ran the narrower on these two state values and found that the following set of
conditions must hold immediately prior to attaining these values:

knowledge of e(X,mess(q(ID,slave),N))
IUSTA1 E(q(B ,free)) = [name(q(ID2, free),Q),q(ID2 ,free)I
KEYSTATE(q(B,ftee)) = X
READYSTATE(q(Bfree)) = yes
RUNSTATE(q(B,free)) zero.

By running the narrower on the four state values given above, we find that the following must
have held previously:

IDSTATE(q(Bffree)) = [namedn(q(12Vfree)l 1Q),qDTn7free)J
KEYSTATE(q(Bfree)) = d(Y ,d(m,name(q(1D2, free), Q)))
READYSTATE(q(B,free)) = zero
RUNSTATE(q(B,free)) = zero.

Thus the penetrator can substitute mess(q(IDslave),N) for mess(q(ID2,free),Q) if and only if he
can obtain e(d(q(ID2,free),d(mname(q(1D2,free),Q)))),mess(q(IDslave),N)) and cause the state vari-
ables of processor q(Bfree) to take on the values given above.

By running the narrower on the state values listed above, we find that one of the following is
required to hold previously:

(a) IDSTATE(q(B, free)) = [name(q(ID2,free), Q),q(B,free)J
KEYSTATE(q(Bjfree)) = zero
READYSTATE(q(B,free)) = zero
RUNSTATE(q(B,free)) = zero
with knowledge of name(q(1D2,free),Q)

(b) IDSTATE(q(B ,free)) = [name(q(B ,free) ,Q) ,q(ID2, free)1
KEYSTATE(q(Bfree)) = zero
READYSTATE(q(B,free)) = zero
RUNSTATFq(B,free)) = zero
with knowledge of

e(m,e(q(B ,free),d(q(ID2, free),e(q(B,free),d(q(ID2, free),d(mname(q(ID2 ,free) ,Q))))))).

The word name(q(1D2,free),Q) is obtainable when processor q(ID2,free) publishes
narne(q(ID2,free),Q), while the word

e(m,e(q(B ,free) ,d(q(ID2 ,free) ,e(q(B, free) ,d(q(ID2 ,free) ,d(m,name(q(ID2,free),Q))))f))

is obtainable by having processor q(B,free) purchase the rights to mess(q(1D2 ,free),Q).

When we run the narrower on the state values given in a and b, we are told that they may be
obtained if all state values are previously zero and name(q(1D2,free),Q) is previously known, and, in
case a, if e(m,q(B,free)) is previously known, and, in case b, if e(n,q(1D2,free)) is known. Since all
e(mq(S,T)) are assumed to be known, and since all state values can be made zero at any time by
applying the rule that sets all the values to zero, and since name(q(1D2,free),Q) is obtainable, this set
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of state values is obtainable. Thus, working our way back up, we have shown that the set of state
values

IDSTATE(q(B,free)) = [naxne(q(ID2,Q) ,q(1D2,free)]
RUNSTATE(q(B,free)) = mess(q(ID,slave),N)

is obtainable if and only if the word

e(d(q(1D2 ,free) ,d(m,name(q(ID2 ,free) ,Q))),mess(q(ID,slave),N))

is obtainable.

Our next task was to show that

e(d(q(ID2 ,free) ,d(m,naine(q(ID2 ,free) ,Q))) ,mess(q(IDslave) ,N))

was unobtainable, and therefore we set out to do this. However, after running ute narrower on

e(d(q(ID2,free) ,d(m,name(q(ID2 ,free) ,Q))) ,mess(q(ID,slave) ,N))

we found that this word was obtainable by the penetrator. The scenario is as follows. Processor
q(ID,slave) obtains an encrypted key to mess(q(ID2,free),Q) from processor q(ID2,free). Processor
qQD,slave) applies the rule for encrypting messages:

IFIA.BMI C W THEN
W := W U [e~m,q(ID,slave)),
e(m, e(d(m, B), d(q(ID, slave), e(d(m, B), d(q(ID, slave), d(m, A)))))),
e(d(q(ID, slave), e(d(m, B), e(d(q(ID, slave), d(m, A)))), M))J

with input

A = e(m, e(q(ID,slave), d(qQD2, free),e(q(ID, slave),d(q(1D2, free),d(m,name(q@D2,free),Q)))))))
B = e(m,q(1D2,free))
M = messfq(ID,slave),N)

where A is the encrypted key to mess(q(ID,free),Q). The word output is

e(d(q(1D2 ,free),d(m,namne(q(ID2 ,free) ,Q))) ,mess(q(ID,slave),N?)).

Fortunately, the flaw uncovered is easy to correct. If the rule for encrypting messages had been
applied correctly, the second word input would have been e(mq(IDslave)). Moreover, both m and
q(ID,slave) are stored in processor q(ID,slave). Thus, we can alter the message encrvption rule so
that the processor either checks that the second word input is the correct one or supplies the word
itself without requiring any input. Thus we can replace the penetrator's program encryption rule with

IF [P, Ml C W THEN
W := W U e(d(q(ID,slave),d(m,N)),M).

However, recall that the original message encryption rule subsumed the key encryption rule as well.
This is no longer the case, and so we must supply the key encryption rule separately:
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IFjABJ C W THEN
W:= W U te(rm, e(d(m, B), d(q(ID, slave), e(d(m, B), d(q(LD, slave),d(m, A))>)))}.

These two rules satisfy all the requirements of a restriction of the original rule except that the
input words of the original rule do not form a subset of the input words of the new rules. We can get
around this by adding a "kdummy word" to the input set of each new rule. Since this word is not
used in the fortnation of new words, this does not affect the rule, and so we do not need to reverify
the part of the protocol that was verified by using the original rule.

Now we want to use our revised specification to prove the theorem.

Theorem 5.11 -The word e(d(q(1D2 ,free),d(m,name(q(D2, free),Q))),mess(q(IDslave),N)) is
unobtainable.

Proof Now we run the narrower by using the revised specification, on the word

e{>dfq(1D2, free) .drnm namer u'1D2 ,free) ,Q~)))mess'ao{lDslaveV;N\\

asking it to ignore cases that require prior knowledge of

d(Z,e(d(q(ID2 ,free) ,d(mname(q(1D2 ,free) ,Q))) ,mess(q(ID,slave),N)))

or

d(q(ID2 ,free),d(m,name(q(ID2,free),Q))),

and, after discarding cases that require prior knowledge of an odd word, we find that one of the
following three conditions must be satisfied:

(a) prior knowledge of
e(X ,e(d(q(1D2 ,free),d(m,name(q(ID2 ,free),Q))),mess(q(ID,slave) ,N)))
and X;

e-./.-. -n Air' -infl AiC' A(..l-. ,.(A( IfTTV) t..,..-. At..re--.r$r.-.Xt nir-mn., naX M\X\\\\XX

(c) KEYSTATE(q(E ,slave)) = d(X ,d(m,e(d(q(D2 ,free) ,d(m,name(q(ID2 ,free),Q)>,
mess(q(IDslave),N)))) and IDSTATE(q(E,slave)) = [Y,XJ.

In dhe case of (c), we run the narrower on KEYSTATE(q(EF)) =

e(X ,d(m,e(d(q(1D2 ,free) ,d(mname(q(D2 ,free) ,Q))) ,mess(q(ID,slave),N))))

and IDSTATE(q(E,F)) = [Y,XI, and find that prior knowledge of one of

(cl) e(m,e(B ,d(C ,e(B ,d(C ,d(m ,e(d(q(A,free),d(m, name(q(ID2,free) ,Q))),
mess(q(ID,slave),N)))))))), or;

(c2) e(d(q(ID2,free) ,d(m,name(q(1D2 ,free) ,Q))) ,mess(q(ID, slave) ,N))
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is required. This leads us to attempt to verify the unobtainability of all words with

e(d(q(ID2 ,free ,d(m,name(q(1D2 ,free) ,Q))) ,mess(q(ID,slave) ,N))

on the r1ghLt-hadU s1Ui.

Lemma 5.12 - No word with e(d(q(ID2,freed(m,name(q(ID2,free),Q))) ,mess(q(ID,slave),N))
on the right-hand side is obtainable.

Proof. We ran the narrower on X, where X is assumed to be a word with
e(d(q(ID2,freed(m,name(q(ID2,free),Q))),mess(q(ID,slave),N)) on the right-hand side. Again, we
asked the narrower to ignore conditions that required prior knowledge of X or d(Z,X). All of the
necessary conditions turned up by the narrower fall into one of the following cases:

Prior knowledge of one of the following:

(a) e(m,e(S,d(R,e(S,d(R,d(m,X))))))

(b) e(m,e(S,d(R,e(S,d(R,C))))) where X = e(m,C)

(c) e(m,e(S,d(R,e(SC))))) and e(m,R) where X = e(m,e(R,C))

(d) e(m,e(S,d(R,C))) where X = e(m,e(K,d(S,C)))

(e) e(m,e(S,C)) and e(m,R) where X = e(m,e(R,d(S,e(R,C))))

(I) e(mC) where X = e(m.e(R.d(Se(Rd(SC)))))

(g) C where X = e(m,e(R,d(S,e(T,d(S,d(m,C))))))

(h) e(m,e(q(H,K),D)) and C where X e(DC)

(i) C and e(m,D) where X = e(d(q(H,slave),D),C)

(j) C and D where X = e(d(q(H,slave),d(m,D)),C)

(k) e(D,X) and D

(1) C and D where X = e(D,C)

(m) C and D where X = d(D,C)

In cases (a), (b), (d), (f0' (g), (i), (j), (k), and (m), prior knowledge of a word with

e(d(q(iDz,freed(m,name(q(Iuz,free),Q))'),mess(q(ID,slave),N))

on the right-hand side is clearly required. In cases (c) and (e), it is not if

R - drl(n(A o^w --- f-/Tr.mn. -.e5I2flfleC...
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In case (e), this means prior knowledge of e(me(Smess(q(IDslave),N))) is required; in case
(c), prior knowledge of

e(m,d(d(q(ID2 ,free) ,d(m,name(q(ID2 ,free) ,Q))),
e(S ,d(d(d(q(D2, free),d(m,name(q(ID2 ,free),Q))),mess(q(ID,slave),N))))))

is required. In case (h), prior knowledge of a word with

ekduq(1D2 ,Lree,dutlmnamuekq(1D2 ,frec),Q))),messqt(u,siave',Nj)3

on the right-hand side is not required if

D = d(q(1D2,free),d(m,name(q(ID2,free),Q))),

but in this case prior knowledge of an odd word is required. Case (1) does not require previous
knowledge of a word with

e(d(q(ID2 ,free,d(m,name(q(ID2 ,free) 4))),mess(q(IDslave) ,N))

on the right-hand side if

D = d(q(ID2,free),d(m,name(q(ID2,free),Q))),

but in this case previous knowledge of

dtqwiD2 A,free),dum,nar nekqiD2 , r1e), Q)))

is required, and this word is unobtainable.

Thus we have proved unobtainability of (c) and (e) when D is an instance of

d((q(ID2 ,free),d(m,name(q(ID2,free),Q))).

We rechecked the output of the narrower on cases (c) and (e). In all cases of (c) and (d) in
which D is an instance of d((q(ID2,free),d(m,name(q(ID2,free),Q))), prior knowledge of

e(m,D), that is, e(m,d(q(1D2,free),d(m,name(q(1D2,free),Q))))

is also required. But this is an odd word, and we are done. [

6. COMPARISON WITH OTHER WORK

TFit aehrnar'i- t-a ;n Ado n-.-d -ter ; - -nn o, 1 -n;n nf A nr nt anlo tol snot
i nt UQVifl.3 Owns~i 111 arc cun v ltt tIaut'h all" aZAxyala l1 &y%5 1psit pi 1 ant

four main categories. The first of these is to attempt to model and verify the protocol using specifica-
tion languages and verification tools not specifically developed for the analysis of cryptographic proto-
cols. This, for example, is the approach taken in Refs. 8, 15, and 16.

Another approach is to develop expert systems that a protocol designer can use to try out vari-
ous scenarios. This is the approach followed by Millen [17}, Longley [18, 19], and to a limited
extent by Kernmerer [81. That this approach can be successfully used to detect previously
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undiscovered flaws in a protocol has been shown by Longley and Rigby [18]. However, these sys-
tems do not guarantee that the investigation of a protocol's security is complete; thus, although they
may be useful in identifying flaws, they cannot be used to provide greater assurance of a protocol's
security.

A third approach is to formally model the requirements of a protocol by using logics developed
for the analysis of logic and belief. This, for example, is the approach taken in Refs. 20 and 21.
This approach is, in a sense, complementary to the approach that we take, and we discuss it in more
detail in the next section of this report.

The fourth approach is to develop a formal model based on the algebraic term-rewriting proper-
ties of cryptographic systems. This is the approach followed by Dolev and Yao's public-key model
[101, upon which our model is based, and the model of Kasami, Yamamura, and Mori [22], also used
by Lu and Sundareshan in the verification of a hierarchical key management protocol [23].

Although our model is based on the Dolev-Yao model, it is more similar to the Kasarni-
x ananura-iuoui imuuodel in thil uIev unu x nu cIuce nuive or froLtuLls thL can i e culxnplizliy

modeled as term-rewriting systems and for which efficient algorithms for deciding security problems
can be found, while we and Kasamni et al. follow a more general approach. The main differences
between our approach and the Kasami-Yanamura-Mori approach is that we provide automated support
for the security analysis, and we allow a user to query the system about the attainability of internal
system states as well as the obtainability of secret words by a penetrator. This allows us to model
security goals such as authentication in a more natural way.

7. DISCUSSION

The fact that our techniques could be used to find security flaws in a previously published proto-
col shows that it is likely that they can be refined and developed into useful tools for protocol
analysis. Our experience in specifying and analyzing this protocol also points out ways for improve-
ment.

In our specification we modeled a protocol in which all systems operated correctly. Thus we
were able to show that no security violations occurred in a system in which no errors occurred.
However, thIe goal of most protocols is not only toY ensure security it everytinmg operates correcuy,
but also to minimize the effects of system errors and security violations. If the protocol fails to do
so, it is considered to be inadequate. For example, the flaw in the NIeedham-Schroeder protocol [1]
discovered by Penning and Sacco [3] required the existence of a previously compromised session key
to be exploited.

One of the flaws that our analysis uncovered was of this nature. However, since our analysis
was based on a specification of a correctly operating system, there may have been others that we did
not catch. One way in which we could catch such flaws would be to specify the incorrect as well as
the correct operation of a protocol. For example, we could include rules that describe a processor's
state variables taking on incorrect values or rules that describe a penetrator's compromising session
keys.

Other questions arose during the modeling of the protocol. One of these was: what actions
taken by the penetrator should we consider relevant to the security of a protocol?. Clearly, the ability
of the penetrator to insert information into his own processors, to communicate with the other proto-
col participants, and to encrypt and decrypt on his own were relevant to the security of the protocol
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and were included in the specification, but we did not include the penetrator's ability to apply the suc-
cessor and predecessor operators. However, we had no formal basis for making these decisions.
Likewise, if we had also attempted to specify the incorrect operation of the protocol, we would have
had no good means of choosing which errors to consider as important.

One means of deciding what penetrator actions to include would be to examine previous, similar
protocols and see what actions penetrators used to exploit flaws in these. This was the reasoning
behind our decision to include the artinns we did. We loiked at the earlier protocol descriled in Ref.
5 and included the actions that the penetrator used to exploit its security flaw. However, it would
have been helpful if we had a more formal basis for excluding certain penetrator actions in the
analysis of the protocol. In particular, we would like to be able to prove general results that give
classes of protocols so that, if a protocol belongs to a certain class and is vulnerable to an attack
involving a certain penetrator action, then it is vulnerable to an attack not involving that action. This
is the kind of result proved by Even, Goldreich, and Shamir [24]. They define a class of public-key
protocols and show that if a protocol belonging to this class is vulnerable to an attack involving cer-
tain algebraic properties of the RSA, then it is vulnerable to an attack not involving these properties.
The result of Even et al. was obtained for a relatively narrowly defined class of protocols, and it is
11 us iale Lt wen nn I1 A wou be abl to pfove simla';1r +brrant fonr nore nnn Abol AdefinaA ninety an ,
UifLLfLPt1J. LJL1"L TV L, VVtJlUJLt Ut, "UUL% LUj IjJJVt % V oiiimat"J L1%Ut131111X 1131 1113 LJIUJ% ULt i &atiy ULLt11tLL LiO I LA 13 JLi VLI ,

we might be able to develop techniques for proving theorems about protocols that will allow us to
show that a particular penetrator action is irrelevant to the security of a given protocol.

Another question that arises is: how do we characterize the insecure states of a protocol? The
techniques that we have outlined in this report give us no assistance in answering this question. Our
techniques allow us to specify the operation of a protocol, but they do not help us to determine its
requirements. To do so, we should turn to other methods. One of these is the methodology
presented by Burrows, Abadi, and Needham [20]. In their system, a protocol is mapped to a set of
assertions in modal logic. The goal of the protocol is mapped to another such assertion. The set of
assC1LU1ib fIN UICII diiti uY UbMIg iUmIflCly UvIIIIVL nuIICICILV rUIC LU UCLC111U11C W11ICUII Ut 11L IC

asserted goal of the protocol is derivable. If they are not, the assertions that the protocol should but
fails to provide are generated. Thus the security of a protocol is examined at a much higher level of
abstraction than our method of analysis provides.

The weakness of the approach of Burrows et al. is that the mapping of the protocol to the
assertions and the construction of the inference rules is informal. Thus, although the use of these
techniques in the analysis of the selective broadcast protocol would probably have uncovered the need
for the assertion that a participant in the protocol can only encrypt messages with his own key, it
would have provided no assistance in determining whether or not the protocol satisfied this assertion.
Our analysis showed that the protocol did not.

Thus some sort of layered approach seems to be required using techniques similar to those of
Rurrows et al. to determine the requirements of a protocol and then using techniques similar to those
described in this report to determine whether or not a protocol can meet those requirements. This is
in line with current practice in system verification. No one verification technique exists that is
appropriate for all layers of abstraction. Instead, one uses different techniques to perform specifica-
tion and verification at different level of abstractions. The results of the verification at a given level
provide assertions to be proved at the next lower level of abstraction.

a .. * I I ~~~~~~~ * I- ~~Ii I 1 rt - . I~ - flOne more question remains to be answered. Tai is: now well will tmese techniques scale up:
Our techniques worked well on a relatively simple protocol that could be specified by using a small
number of protocol rules and a small number of rewrite rules. How can we make them work well on
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more complex protocols? This question can be answered in part by improving the mechanisms we
use in the protocol analysis, by improving the efficiency of the narrowing algorithm we use, by
extending the program so that it generates complete sets of equational unifiers for broader classes of
equational theories, and by extending the functionality of the program. For example, it would be use-
ful if our program included mechanisms for determining whether or not a word' belonged to a formal
language input by the protocol analyzer. This would have eliminated a lot of the hand analysis we
had to do. But, we will also need to develop techniques for showing that the composition of already
verified pieces of a system satisfies its security requirements and techniques for limiting the reverifi-
naUn. fiat nooe tn ho edne whan a £n4c"am is mnA;ft4nA

8. CONCLUSIONS

In this report we have presented a formal model for a class of cryptographic protocols, a pro-
cedure for proving security properties of protocols specified according to this model, and a program
that provides automated assistance in these proofs. We specified a published protocol and attempted
to prove it secure by using our techniques. The fact that these techniques exposed two flaws in the
protocol provides evidence that these techniques can provide significant assistance in the analysis of
protocols.
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